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Theorem 1. Let f be a holomorphic function in |z| < R. Then for 0 <r < R andn > 1,
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Proof of Theorem 1. For any w with |w| < r, we have by Cauchy’s theorem that
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Applying this result to the function f — A(R, f) and noting that A(R, f) — Re{f(w+ pe'?)} > 0, we deduce
that with p =R —r,
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by virtue of (5) (after taking the real parts), and thus ;- 0277 |f) (ret?)|dh < (R2_”T!)n (A(R, f) — Re{f(0)})
by (5) again. O




